Chuong 2. GIOT HAN (Phan 2.1.)

2.1. Gi6i han ciia diy s thuc

Tu doc {[1]. Chuong 1 (1.3.)}

2.1.1. Day s6 hdi tu, cac tinh chit cta day hoi tu

Mot diy sb thuc (hay diy sd) 1a mot anh xa f: N*»R. Ky hiéu {xa} v6i neN* 1a diy sb, khi do
Xn = f(n) véi neN*.

Mot day sé‘ c6 thé duoc cho bang mot trong hai cach: (1) Duéi dang tudng minh xn = f(n); (2)
Dudi dang truy hoi xn+1 = f(Xn).

Vidu 2.1.1.1. Cac diy sb sau day duoc cho dudi dang tudng minh

+ {Xn}: X, :f(n):E , tuc 1a {xn} céxlzf(l)zizl, X, :f(2):%, X, =f(3) =
n

1
37
_ AU . 1Y 1Y 9
+ {xn}: x,=f(n)={1+= |, thc la {xn} cO x,=Ff(1) = 1+1 =2, x,=f(2)= 1+§ =7
n

x3=f(3)=(1+1)3—%

3) 217"
l,n:Zk—l .
+ ek x,=f(n)={" v6i keN* tic 1a {x} c6 x,=f@)===1,
L,n_Zk
n+
2 1 1 4 2
X, =f(2)=——==, X, =fR) ==, x,=f(4) =——=—, .
2 ()2+22 : ()3 4 ()4+23

Vi du 2.1.1.2. Cac diy sb sau ddy dugc cho dudi dang truy hoi
X, =2
2% +2

. 3
+ {xn}: 2 tce 13 cO x, =2, x,=Ff(x,)=1(2) = ==,
BoF ) = Xt 2 s gy 1O 1 PR 60X =2 ST ST =557
2X, 4
2
3 [2] 27
X3:f(X2):f(§j:—3:E,...
2.5
2
X, =+/a
+{n} 4 voi a > 0, tic 1a {xa} 6 x,=+a, X,=.fax,=+ava,
X, =+aX,;(n>2)

1 11 1

111 NN
X, = Jax, =yayaa , ..., X, =.fax,, =\aa../a =a?a?..a? —a2 7 7
n

Pinh nghia. Diy s6 {xa} dugc goi 1 diy s6 hoi tu, néu JacR sao cho voi Ve > 0 bé ty ¥ cho
trude, Ang = No(e) eN* sao cho véi Vn > ng thi ‘Xn - a\ <e.

Khi d6 ta néi diy s {xn} hoi tu dén a, hodc a 1a giéi han cua diy s {xa} va viét xn —a khi n—o0
hodc limx, =a.

n—o0

Vi ‘ Xn-a ‘ <g<a-eg<Xp<a+eg, néntacon cod thé phat biu khai niém day s6 hoi tu nhu sau:
Day s {xn} hdi tu dén a néu Ve - 1an can cua a déu chira moi phan tir cia day s, tror mot s6 hiru han
phan tu dau day.
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Diy s6 {xn} dugc goi 1a phan ky néu n6 khong hoi tu.

Vi du 2.1.1.3. Dung dinh nghia dé ching minh day s6 {x»}: x, =f(n) = 1 hoitu déna=0
n
1

n

Ta c6 |x,-0= . Gia st € > 0 1a mot o6 bé tly y cho trude, khi do

n

1

n
|Xn — 0| < ¢, diéu nay co nghia la !}ILT; X, =0(dpcm).

1 1 . X % 1 C .
X, —0=|5|<ee=<e<n>= va do do neu ta lay nO:nO(e):{—}+1th1 v6i Vn > np ta c6
n €

€

2.1.2. Cac tinh chét cta ddy sb hoi tu
(1) Néu mot day s6 hoi tu thi giéi han ctia n6 1a duy nhét
(2) Néu mot day sb hoi tu thi né gi6i noi, tirc 1 ton tai mot khoang (b,c) chira moi phén tir cua
day so.
(3) Gia st hai day s6 {xn}, {yn} 13 cac ddy sb hoi tu, tic 13 limx, =x, limy, =y. Khi do
(3.1) lim(x, +y,)=limx, +limy, =x+y
(3.2) !igl(an): Clim x, =Cxvéi Cla hang s6

(3.3) lim(C+x,)=C+limx, = C+ x véi C 1a hang s6

n—oo

(34) lim(x,y, ) = {lim x, Jiim y, )= xy

(3.5)!i_r)r;yi= Iimly :é vOiyn#0vay#0
lim x

(3.6) !mi—”:ﬁzivéiymfmvéyio

(4) Gia st hai day s6 {xn}, {yn} 1a cac ddy s6 hoi ty, tic 1a limx, =a, limy, =b. Khi d6, néu

n—o n—
Xn > Yn v6i Vn thia>b.

(5) Nguyén 1y kep. Cho ba day s6 {xn}, {yn} va {zn}. Khi d6 néu hai diy s {xn}, {zn} hoi tu dén
cling mot gi6i han a, tirc lalim x_ =1limz, =ava Xn < yn < Zn v6i Vn thi diy s6 {yn} cling hoi tu dén
n—o0 N—o0
gidi hana, ticla limy, =a.
nN—o0
Chung minh
(1) Gia sir limx, =a, limx, =bva gia sir £ > 0 1a mot s6 bé tiy ¥ cho trudc. Khi do, theo dinh
n—oo n—o
nghia ddy s6 hoi ty, 3n1 = n1(e) eN* va 3nz = na(e) eN* sao cho, véi Vn > ny thi | xn - al < &/2 va véi
vn>nzthi [xn-bl<e/2.

Néu dit no = max(ni,n2), véi n > Np thi ca hai bat déng thirc trén déng thoi thoa man, do do
la—b|=|a—x, +x, —b|<|a—x,|+|x, —b| =[x, —a| +|x, _b|<§+§:g. Bét déng thirc nay dang véi
moi £ > 0 1a mot s6 bé tuy ¥ cho trude nén |a — b| =0=a=b(dpcm).

(2) Gia sir limx, =a, khi d6 InpeN* sao cho véi Vn>nothi |xs-al <1 < a-1<x, <a+1.

n—oo

Néu dat b:min{a—l,xl,xz,...,x,1(rl,a+1},c:max{a—l,xl,xz,...,x,1(rl,a+1}:>b<xn <C (dpcm).
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(3) Gia sir hai day s6 {xn}, {yn} 12 cic day s6 hoi ty, tic 13 limx, =x, limy_ =y

n—o0

(3.1) Vi limx_=a, limx, =bnén gia sir & > 0 1a mot s bé tiy y cho trude, thi theo dinh nghia

n—oo n—oo
day s6 hoi tu, In1 = ni(e) eN* va 3nz = n(e) eN* sao cho, voi Vn > ny thi |0 - x| < /2 vavéi Vn > n
thi | xn -y|< el2.

Néu dit no = max(ni,n2), véi Vn > np thi ca hai bit ding thirc trén dong thoi théa mén, do do
(%, +Y,)—(x+y) =[x, = %)+ (Y, —y) < |x, =X +|y, - y|< % +§: g voi Vn > no, nén theo dinh
nghia ddy sb hoi tu thi lim (x, +y,)=x+Yy (dpcm).

(3.2) Vi men = x nén gia sir £ > 0 1a mot sd bé tiiy ¥ cho trude, thi theo dinh nghia day sé hoi
tu, 3no = no(e) eN* sao cho, véi Vn > ng thi ‘Xn - X | <¢l|Cl.

Do d6 |Cx, —Cx|=|C(x, —x)=[C|x, — X| <|c|é =& v6i Vn > no, nén theo dinh nghia day s6

hoi tu thi lim Cx,, = Cx (dpcm).

(3.3)Vi limx, = x nén gia sir € > 0 1a mot s bé tuy y cho trudc, thi theo dinh nghia day s6 hoi

nN—o0
tu, Ino = no(e) eN* sao cho, v4i Vn > ng thi %0 - x| <&
Do do |(C+Xn)—(C+Xj :|C+Xn —C—X| =|Xn —X| <& véi ¥n > no, nén theo dinh nghia diy s6

hoi tu thi lim(C+x, )= C+ x (dpem).

n—o

(3.4) Theo tinh chat (1), cac day sé {xn}, {yn} hoi tu nén ching gi6i ndi, do 6 IM > 0 sao cho
Xn| £ M, |yn| M v6i VN = [X| <M
Vi limx, =x, limy, =ynén gia st € > 0 la mot s6 bé tly ¥ cho trudc, thi theo dinh nghia day
n—oo n—oo
s6 hoi ty, 31 = n1(e)eN* va 3n, = na(e) eN* sao cho, véi Vn > ny thi | %0 - X | < &/2M va véi Vn > ny
thi | Yn - y\ < ¢&l2M,

Néu dat no = max(ng,nz), voi VN > no thi ca hai bat dang thuc trén dong thoi thoa man, do do

X0V =XV = (X0 Y = XYy + XY, = XY= [(X, Y0 = XY, )+ (XY, —xy) =[x, =Xy, +x(y, —y) <

(%, = X)a |+ x(y, =Y =[x, = X|ya| + X[y, —¥]< ﬁ M+ M ﬁ =& Vv&i ¥n > no, nén theo dinh

nghia diy s6 hoi tu thi lim x_y, = Xy (dpcm).

(35) Vi limy, =y=0=limly,|=|y|>0 nén gia st € > 0 1a mot s6 bé tiry ¥ cho truée In; =

Yo=Y 2y, -y
<

n1(e) eN* sao cho véi Vn > ny thi yn| > |y)/2 = . Pong thoi In;

i_l‘=|y_yn —
Ly | Yy

n
2

= na(e) eN* sao cho voi Vn > na thi |y, —y|< &

2
Néu dit no = max(ni,n2), voi ¥n > np thi ca hai bat dang thic trén dong thoi thoa mén, do dé
2y, — 2 ,
11 <M<%.i=avdi Wn > no, nén theo dinh nghia diy sé hoi tu thi lim— ==
Yo Y y y: 2 ey, Y
(dpcm).
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(3.6) Tinh chit nay 1a hé qué cia cac tinh chat (3.4) va (3.5). That vay, ta co
lim X = lim x, —(34)_I|mx I|m—(35) x 2 =% (dpem).
“Y, y vy

nN—o0 y n—w0 n

(4) Ta ching minh bang phwong phép phan chimg. Gia sir nguoc lai a < b, khi d6 3r sao cho a <
r<b.Vilimx,=a vaa<rnén 3InieN* sao cho véi ¥n > ny thi Xn <r, ciing Vi I|myn =b var<b

n—oo

nén InzeN* sao cho véi Vn > Nz thi r < yn. Do d6 néu dit no = max(ny,nz) thi véi Vn > no ta duoc xn <
r < yn, diéu nay mau thudn voi gia thiét xn > yn. Nhu vay, véi cac gia thiét da cho thi suyraa>b
(dpcm).

(5) Cho ba diy s6 {xn}, {yn} va {zn}. Khi d6 néu hai diy sb {xn}, {zn} hoi tu dén cung mot gi6i
han a, tirc lalim x, =lim z, =aVva Xn < Yn < Zn v6i Vn thi day s {yn} cling hdi tu dén gidi han a, tirc la

nN—o0 n—o0
limy, =a.
nN—o0
Vi r|1|_r)n X,=4a, r|1|_r)n z, =a nén gid str ¢ > 0 1a mot s6 bé tury ¥ cho trudc, thi theo dinh nghia diy
s6 hoi ty, Ing = nl(s)eN* va 3nz = nz(g)eN* sao cho, véi Vn > ny thi | Xn - <g+a
va vai vn > na thi -a|<eg<e-a<izpn<eg+ta.

Néu dit no = max(nl,nz), v6i VN > no thi cac bat dang thirc e -a<Xn<e+a, e-a<zn<e+a
dong thoi théa man, doddé e-a<Xn<yn<zZn<eg+avoi Vh>no < | Yn - al< €, nén theo dinh nghia
day so hoi tu thi limy, =a (dpcm).

n—o0

2.1.3. Sy hoi tu cua day don di¢u

Day sO {xn} dugc goi la tang néu Xn < Xn+1 vOi Vn, 12 gidm néu xn > Xn+1 v6i Vn. Dy s6 ting hay
day so6 giam duoc goi la day so don diu.

Diy s6 {xn} duoc goi 13 bi chan trén néu 3ceR ma Xn < ¢ v6i Vn, bi chan dudi néu IdeR ma Xq
> d v6i Vn. Day s0 {xn} dugc goi l1a bi chdn néu n6 1a day so vira bi chdn trén vira bi chdn dudi.

Nhdn xét: Diy s6 tang bi chan dudi bai phan tir thir nhat ctia n6 va diy sé giam bi chin trén boi
phan tu thtr nhat cua no.

Vidu 2.1.3.1.

(a) Diy s6 {xn} v6i xn = 1/n (neN*) 12 ddy don diéu giam, bi chin dudi boi s6 0 va bi chin trén
boiso 1.

(b) Day sd {xn} v6i xn = (-1)" (neN) 1a diy khong don diéu, bi chin dudi boi sé -1 va bi chin
trén bdi so 1.

(c) Dy sé {xn} v0i xn = n?> (NneN) la ddy don diéu ting, bi chan dudi boi sé 0 va khong bi chin
trén.

Pinh Iy (Sw hoi tu ciia ddy don diéu). Dy s6 don diéu va bi chan thi hoi tu. Noi cach khac (1)
Day s0 don di€¢u tang va bi chan trén thi hdi ty; (2) Day s6 don di¢u gidm va bi chan dudi thi hoi tu.

Chirng minh

(1) Gia sir day s6 {xn} 12 ddy s6 ting va bi chin trén, ta chimg minh né hoi tu. That vay, vi diy
{Xn} bi chan trén, nén theo ti€n d¢ vé can trén dung thi 31 = sup{xn, NeN*}, tirc 1a xn <1 véi Vn. Khi
do voi € > 0 1a mdt s bé tuy y cho trudce thi 1 - € khong phai 1a can trén dung ctia {xn}, do d6 IngeN*
sao cho x, >l—g. Mat khac, vi {xn} la ddy sO tang nén X, <X, v6i Vn > no. Tu ba bat dang thuc

0 0

trén ta dugc 1-e <X, <X, <I=l-g<X, <l+te X, —I| <& v&i Vn > no, nén theo dinh nghia day

s6 hoi tu thi lim x =1 tirc 1a dy s6 {xn} hoi tu (dpcm).

nN—oo

(2) Chitng minh twong ty nhu trén.
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Vi dy 2.1.3.2. Chimg minh diy sé {xn}: X, = (1+ 1) hoi tu.
n

Taco X”:[“ij _1ipt =Y 1 n(n—l)(n—2)_i3+m+
n n 21 'n? 3 n

n(n D..(n— k+1) 1 +n(n—1) (n—n+l)i
kl it

n"
e e O S L
21 n 3 n n
.
n! n n n
n+l
Tuong tu xn+1:(1+ij :1+1+£(1—ij+£(1— 1 j(l— 2 ]+...+
n+1 21 n+1, 3 n+1 n+1
R L S e el
ki n+1 n+1 n+1 n! n+1 n+1 n+1
P [1— ! j[l— 2 j...[l——” j
(n+1)! n+1 n+1 n+1

S0 s&nh Xn VA Xn+1 trong hai khai trién trén ta thdy khai trién ciia xn+1 nhiéu hon khai trién ctia xn

mot s6 hang, dong thoi tir s hang thir ba ciia mdi khai trién tro di thi 1 > L: 1—1 <1—L

n n+l n n+1
nén cac sd hang cia xn nho hon s hang tuong tng clia xn+1, do d6 Xn+1 > Xn vOi Vn, suy ra ddy sd {xn}
la day s6 don di€u tang va bi chan dudi boi x1 = 2.

Béy gio ta s& chimg minh day s nay bi chan trén boi s6 3. That vay, ¢ trén da c6 khai trién

oot il )

+£(1—£}(1—3]...(1—n—_1) vanéu dat y, =1+= L + = L +1+...+ ! +l thi dé thay rang xn <
n! n n n n 21 3 (n=! n!

1 1 1 1 1 1 1 1
Yo, honnitata thdy —=—<—=—, . = < = nén suy ra

3 23 22 227 ’nl 23.n 22.2 2

1 ( n-1
—2+— { (j }<2+1=3:>xn<3.

Vay day so {xn}: X, =(1+—j la day so tang va bi chan trén, nén n6 hdi tu, néu ky hiéu e la
n

2 22 g

N\I—\;/

n—oo

s 5 ~ A N 3 r A A H 1 "
gid1 han cuia ddy so nay thi ta c6 the viet IIm[1+ —j =e.
n

. |X, =+a
Vi du 2.1.3.3. Cho a > 0, chung minh day so ! hoi ty va tim gio1 han cia
{x =, a+Xx,,(n>2)

no.
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D& thdy rang diy sb da cho la dy sé ting va bi chin dudi boi x, =+/a >0

Ta s& chimg minh day s6 d cho 13 bi chin bang phuong phap quy nap toan hoc.
-Khin=1tac6 x,=+a <+a+1

-Khin=2taco x, =,/a+x, :\/a+\/5 <\/a+2\/5+1=\/(\/5+1)2 =Ja+1

- Gia st X, <~/a +1 1a dung
- Ta phai chimg minh X, <+a +1, that vay Xx,,, = a+X, <\/a+\/§+1<\/a+2\/§+1=

—JWa +1f =+a +1 (dpem).

Nhu vy, theo dinh 1y vé su hoi tu cua diy don diéu, diy sb da cho hoi tu, tirc 1a lim X, =X Nnao

n—oo

ddyma 0<x<+/a+1.
Dé tim gia trj x ta xét dang thic
X, =1a+X, = limx,, =lima+x, = fa+limx,

n—o n—oo n—oo

o X=+a+Xx < X2 =a+Xx < x?—x—a =0, phuong trinh bac hai ndy cé hai nghiém phan biét

1++1+4a . ) 1++/1+4a
—2 )

la X=T,V1x>0néng1(')r1hancéntimlé X =

Vi du 2.1.3.4. Tim gi6i han ciia ddy s6 X, = M v6i neN*, trong d6 [o] 1a ham phan nguyén.
n

Tadabiét0<{a}<lhayO<oa-[o]<1l < -l<[a]-a<0<a-1<[a]<a,dodd

nx—l<[nx]§nx:>nx—_1<ms%©x [ ]<x:>llm( j<llm[ ]
n n n n n—oo n n—o0 n

vi Iim(x—1j= —Ilml_x 0=xdo Ilml_Onensuyrallm[ X] =X.

n—o0 n n—wo N n—o N n—->o N
Vi dy 2.1.3.5. Tim gi6i han ciia cac day so sau
X, =—0 Y, = L + L +.t 1 va z, =
" dn2en 7" \/n2+1 Jn?+2 Jn?Z+n "oJdn?+1
Taco limx, =lim ——— _Iim ! = ! = ! =1

N N T 1 1 4140

1+= 1+1lim=
n n—w© N
n . 1 1 1
va limz, —I|m\/ =lim = ] :\/1 O:
n*+1 \/1+2 \/1+Iim2 "
n n—o N

Mat khac
y—1+1++l>1+1++1—n—x
" Jn?+1 U242 JnP+n  WJnf+n Jn2+n Jn?+n  Jn?+n "
vay—1+1++1<1+1++1—n—z

"oUn2+1 Jn?2 JnZen  Wn?+1 Jn?+1 Jn?+1 A+l
Suyraxn<yn<znvoiVvn,vavi limx, =limz =1nén limy, =1.

2.1.4. Giéi thiéu tiéu chudn Cauchy, gi6i han vo han

Diy sd {xn} duoc goi 1a day Cauchy néu véi Ve > 0 bé tiry v cho trude, 3no = no(e) eN* sao cho
khi v6im > novan > no thi | xm-xn| <e.

Pinh Iy (Tiéu chudn Cauchy). Diy sd {xn} hoi tu khi va chi khi n6 1a day Cauchy.
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Diy sd {xn} dugc goi 1a vo ciing bé (VCB) néu véi Ve > 0 bé tity ¥ cho trude, Ino=no(e)eN*
sao cho khi n > no thi | xa| <& va viétlim x, =0.

n—o0
Day sé {xn} duoc goi 1a vo cing 16n (VCL) néu véi VA > 0 16n tiry ¥ cho trude, Ino=no(A) eN*
sao cho khi n =no thi |xa| > A va viét Iim|xn| = +o0 , khi d6 ta n6i day {xn} €0 gidi han vé han.
n—o0
Nhan xét:

-Néu lim x, =1 thi day {x, — I} lamot VCB.

- Nghich d4o cia mot VCB 1a mot VCL va nguoc lai, nghich ddo cia mdt VCL la mot VCB.
Ch0 y. Ta cong nhan mot sé gi6i han sau, dé sir dung:
k
(@) lim > =0 véi a > 1 (khi n—c0, a" tang nhanh hon n)
nN—o0 a

n

(b) lim a—l =0 véi a> 0 (khi n—>oo, n! tang nhanh hon a")
n—>o Nl

I
(c) lim ln = 0 (khi n—o0, n" tang nhanh hon n!)
n—w N

(d) lim log,n =0 vdi a> 1 (khi n—>oo, n tang nhanh hon logan)
n

(e) lim ng" =0 véi jo <1
Bai tap
2.1. Chung minh réng, day ) giam va bi chan dudi thi hoi tu.
2.2. Dung dinh nghia gidi han cua ddy sé dé ching minh cac diy so sau, hoi tu dén gidi han tuong tng
@ lim2" 122 () im2 20, () limq" =0vsi |q| <1,
oo 4 2 n—o nl n—o

(d) lim¥n =1, (e) lim¥a =1véia>0

L o 1-lg) 7
HD: (b) bé y rang 1 = L < L = }71 . (c) Biéu dién in =1+ ﬂ va khai trién
n 123.n 122.2 2 qf ql

vé phai theo Nhj thirc Newton. (d) Biéu dién n=[1+({¥/n -1)] vi khai trién vé phii theo Nhi thitc
Newton. (e) Xét 3 truong hop (a =1,a>1va 0 <a < 1); d6i v6i truong hop a > 1, biéu dién
a= [1+ (f{/g —l)r va khai trién vé phai theo Nhj thirc Newton; ddi v6i truong hop 0 < a < 1, dé y rang
i >1va ap dung két qua ctia truong hop a> 1.
2.3. Tim gi6i han ciia cac day sb sau

@ x, :\/H—n; (b) x, ZM+n ; () x, :%;

n
X, =2 ak

I
o

@ x, =-/a,(a>0) © 2 o ) x =k (a] <1 o] <1
; ; n = <l ;
Xy =yax, o, (122) %, =72 (12 2)

)
n k
n-1 b

M-

T
o

Q) X, = isz [k?x] trong d6 [a] 1a ham phan nguyén
n" o
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11 1
HD: (d) Céach 1. Pé y rang x, =a2 2 2", cach 2. Xét 3 truong hop 0 <a <1 (chl'rng minh
{xn} 12 diy sb giam),a=1,a>1 (chu’ng minh {Xn} 1a day sb tang) va sir dung dinh ly vé “Su hoi tu
cta ddy don diéu”; (e) Ching minh {Xn} 1a dy s6 giam va bi chin dudi ; (g) Pau tién hiy ching minh

a - 1< [a] < o va sir dung tong da biét ZKZ _ n(n +1)6(2n +1) |
k=1

2.4. Tim cac gic’fi han

(a) lim —— e s‘nm> (meN*) véi St = > Kk(k+1)(k +2)...(k+m—1) 1a tong da tinh & Vi du 0.3.6.

k=1

(b) lim S{™ (meN) voi S = 3 !

1a tong da tinh ¢ Bai tap 0.12.
k(K +1)(K+2)...(k +m)

2.5. Tim cac gi6i han lim P, véi

nN—o0

[EEN

n 1 . B n _i. B n _i. B n k3_1
(a) Pn :H{l_m} (b)Pn _H(l kzj!(c) Pn _H 1 K !(d) I:)n - 3 :

_ _ _ . S Ko+
k=1 k=2 k=2 Z i k=2

i=1

1 2 . k k+2 1 ;
HD: (a) Pat u, =1-————— va dé y rang u b) bat u, =1- va dé v
(a) D3 K (k+1)2 y g U= k 1 k 1’ , (b) K k y
k-1 k+2 k® —

rangu =kaT (c)bat u, =1-—— va dé y rang u, =

Zi Tk k+1

(d)Dtuk

k-1 k?+k+1
k+1 (k-1)% +(k-1)+1

rang U, =

2.6. Tim céc gidi han lim S, voi

nN—o0

n 1
a) S =» arctan —
( ) n kZ:‘I 2k2

(0) S, (and)=>

k=l “k“k+1

(© S, —Zx” [2} véi [xy| < 1

trong d6 {an} 14 cap sd cong co a1 = 0 va cong sai d = 0

HD: (a) Tong da tinh ¢ Bai tap 0.11.(a); (b) Tong da tinh & Bai tap 0.14.; (c) Trudc hét, hdy
ching minh E K khi k chén va K+l K +1khi k 1&.
2 2 2 2

n+1

2.7. (a) Tinh téng S, quk *véi VgeR, (b) Tim IIm S, véi g < 1.

k=1

HD: (a) Tinh Sy - qSn, (b) St dung gi6i hanlim ng" =0 vei [q| <1.
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